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@ In an electronic cash system, K sets of blind signature information are derived from secret information 
containing identification information of a user (200, 400), K/2 sets of them are opened and a bank (100) attaches 
a blind signature to the remaining K/2 sets of information. The user obtains a signed license from the blind 
signature. The user generates blind signature information from the license and a desired amount of money and 
gets a blind signature of the bank to the blind signature information and obtains electronic cash signed by the 
bank from the blind signature. The user presents to a shop (300) a residue power root of a node in a money 
hierarchial structure and the electronic cash, corresponding to the amount of money to be used, and the shop 
verifies their validity and, if they are valid, offers inquiry information to the user. The user offers, as response 
information, a residue power root of the node corresponding to the amount of money to be used to the shop. 
The shop verifies the validity of the response information and, if it is valid, acknowledges the payment with 
electronic cash of the amount of money to be used. 

FIG. 1 
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BACKGROUND OF THE INVENTION 

The present invention relates to an electronic cash system which implements the use of electronic cash 
through utilization of a telecommunication system or smart card by a bank who issues the electronic cash, a 

5 customer or user who uses the electronic cash and a shop who receives the electronic cash from the user 
and settles an account with the bank. 

An electronic funds transfer through a telecommunication system Is now coming into common use. In 
general, a certificate which is refundable (such as a draft or check) has a symbolic function of its own 
(which guarantees its possessor to the rights stated thereon). When handled in the telecommunication 

10 system, the certificate is in the form of digitized data, which can readily be copied for conversion into 
money a plurality of times. This problem is encountered as well in the implementation of electronic cash 
such as a prepaid card because it can also be copied many times for abuse such as refund or purchase in 
the possessor's name. 

Another method for the Implementaion of such electronic cash system Is to settle accounts later 

75 through use of an electronic ID card (such as an electronic credit card or electronic check). This method 
differs in the manner or form of use (settlement of accounts) from the real cash system but can be regarded 
as one kind of application or embodiment of the electronic cash. With the electronic credit card, the use of 
a digital signature as a substitute for a handwritten signature allows electronic processing of all pieces of 
data involved and hence permits the transfer of information for settlement of accounts through telecommunl- 

20 cation circuits. However, the most crucial problem of this system is that the privacy of the user is not ever 
guaranteed"the same Is true of the current credit cards and checks. That Is, an organization which issues 
credit cards and settles accounts Is capable of acquiring users' purchase records. 

On the other hand, It has been proposed by D. Chaum ("Security without Identification: Transaction 
Systems to Make Big Brothers Obsolute," Comm. of ACM. 28, tO, pp.1030-1044, 1985) that*the above- 

25 noted problems Inherent with the prior art system could be solved by a combination of a blind digital 
signature scheme and an on-line check for each transaction at a shop (that Is, the shop Inquires on-line of a 
management center about the double usage or abuse of the user's blind digital signature). From the 
viewpoints of the processing time (or user's waiting time), the communication cost, the on-line processing 
cost and database maintenance and management cost at the management center and so forth, the above- 

30 said inquiry from the shop to the management center for each transaction is feasible on a small scale but 
cannot be said to be practical. It Is therefore preferable that the procedure between the user and the shop 
at the time of payment of electronic cash be executed off-line just like a sales-person verifies the validity of 
ordinary or real cash by the senses of sight and touch and performs local (off-line) processing accordingly. 
Taking the foregoing into account, the criteria describing the ideal electronic cash system are as 

35 follows: 

(a) Independence: The security of electronic cash cannot depend on any condition. Then, the cash can 
be transferred through networks. 

(b) Security: The ability to copy (reuse) and forge the cash must be prevented. 

(c) Privacy (Untraceability): The privacy of the user should be protected. That Is, the relationship 
40 between the user and his purchases must be untraceable by anyone. 

(d) Off-line payment: When a user pay the electronic cash to a shop, the procedure between the user 
and the shop should be executed In an off-line manner. That is, the shop does not need to be linked to 
the host In user's payment procedure. 

(e) Transferrabllity: The cash can be transferred to other users. 

45 (f) Dividability: One Issued piece of cash worth value C (dollars) can be subdivided into many pieces 
such that each subdivided piece Is worth any desired value less than C and the total value of all pieces 
Is equivalent to C. 

The last two criteria (e) and (f) are naturally called for from the viewpoint of the handiness of electronic 
cash. The dividability (f) is a relatively severe criterion that even the real cash system cannot satisfy. That 

60 is, it Is Impossible to subdivide a hundred-dollar bill Into 10 pieces each worth $10. This is the reason why 
we must hold many bills and coins in our wallets. On the other hand, the current prepaid card systems 
feature this function and trade on the handiness based thereon but do not satisfy the criteria (a), (b) and (c). 

Recently there have been proposed some electronic cash systems which satisfy the criteria (a), (b), (c) 
and (d). Of them, a system by Chaum et al. (D. Chaum. A. Fiat and M. Near, "Untraceable Electronic 

56 Cash," the Proc. of Crypto '88. pp.319-327. 1988) satisfies these four criteria but fails to satisfy the criteria 
(e) and (f). Moreover, this system involves communication and processing of an appreciably large amount of 
information between the bank and the user upon each issuance of electronic cash. A system by Okamoto 
and Ohta (U.S. Patent No.4.977,595) satisfies the criterion (e) In addition to the four criteria (a) through (d) 
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and satisfies the criterion (f) to some extent 

In the Okamoto and Ohta system the user obtains a blind signature of the bank to user information V, 
generated from secret information Si containing the user's identification (ID) in a raw form and holds the 
signed user information as a license Bj. When the user wants the bank to issue electronic cash, he obtains 

5 the blind signature of the bank to a set of k/2 pieces of authentication Information Xj produced from k/2 
pieces of random information R| and the license Bj, and uses the thus signed information as electronic cash 
C. When the user pays with the electronic cash at a shop, he shows the k/2 pieces of authentication 
information X|, k/2 pieces of user information V|, the license Bj, etc. to the shop together with the electronic 
cash C and executes an authentication with interactive proof property by which the user makes a response 

10 Y| to an inquiry E\ from the shop. The security of this method Is based on the difficulty in the calculation of 
the higher degree roots. In the event that the user has committed invalid double usage of the electronic 
cash (that is, when the user has used twice the user information Vj and the authentication information X| of 
the same group), two sets of different inquiries E| and responses V, with respect to the user information V| 
and the authentication information Xi of the same group are reported to the bank; so that the secret 

75 information Si of the user can be obtained from the two sets of inquiries and responses, and hence the 
user's ID contained in the raw form in the information Sj can be specified. 

With the system proposed by Okamoto and Ohta, it is necessary that after issuance of the electronic 
cash C the k/2 pieces of authentication information X| corresponding to k/2 pieces of random information R| 
be stored on, for example, a smart card together with the license Bj. Assuming, for example, that the 

20 amounts of data necessary for one piece of authentication information X, and the license Bj are each 64 
bytes and k/2 = 20, then the above system requires as large a storage capacity as 64 x 21 bytes for only 
these pieces of information. 

In the Okamoto-Ohta system, an electronic coupon ticket is also proposed, in which one piece of 
electronic cash can be subdivided into maay pieces whose values ^re all equivalent. In this system, 

25 however, if the user pays for an article with cents, the store receives an enormous number of one-cent 
electronic coupon tickets from the user. For example, when the price of the article is $356.27, the store 
receives 35,627 electronic coupon tickets, where the data size of each ticket is several bytes. Thus the 
store receives about 200 megabytes of data for the transaction of just one article-this is utterly impractical. 

30 SUMMARY OF THE INVENTION 

It is therefore an object of the present invention to provide an electronic cash system which guarantees 
protection of the privacy of users and prevents abuse of electronic cash through any conspiracy and in 
which the data sizes of electronic cash and the associated information to be held by each user are small. 

35 Another object of the present invention is to provide an electronic cash system which guarantees 
protection of the privacy of users and prevents abuse of electronic cash through any conspiracy and in 
which one issued piece of electronic cash of a certain face value can be subdivided a desired number of 
time into many pieces each worth a desired value until the total value of all subdivided pieces becomes 
equal to the value predetermined when the electronic cash was issued and in which the data size of each 

40 subdivided piece of electronic cash is small. 

According to an aspect of the present invention, the electronic cash system in which the user has 
electronic cash and the license issued by a bank is entitled to use the electronic cash, includes the 
following steps: 

Step 1: The user furnish the store with a composite number which is the product of at least two prime 
45 numbers, the electronic cash and information containing the licence; 

Step 2: The store checks the validity of the license and the composite number and, if they are valid, 
prepares and offers an inquiry to the user; 

Step 3: In reply to the inquiry, the user computes a power residue of a desired function using the 

composite number as a modulus and shows it as a response to the store; and 
50 Step 4: The store verifies the validity of the response through utilization of the composite number. 

According to another aspect of the present invention, the electronic cash system in which the user uses 
the electronic cash issued by the bank. Includes the following steps: 

Step 1: The bank establishes a hierarchial structure table which is a tree having a required number of 

levels and in which one node corresponding to the face value of the electronic cash issued to the user is 
55 defined at the highest level, nodes of lower levels are sequentially branched from the node of the highest 

levels just like a tree and the unit value of each node is made to correspond to the total value of the 

immediately descendant nodes branched therefrom; 

Step 2: The user selects a combination of nodes corresponding to the amount of money used from the 
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hierarchial structure table in accordance with the following restrictions: 

(a) Once a node is used, all of Its ancestor and descendant nodes cannot be used; 

(b) No node can be used more than once; 

Step 3: The user creates amount of money information corresponding to each node and offers it and 

5 electronic cash to the store. 

In the first-mentioned aspect of the Invention, the utilization of the power residue in the procedure 
between the user and the store is to use an even power root employing, as a modulus, a composite number 
called a Williams integer-this is based on the fact that the composite number used as the modulus can be 
factorized Into prime factors by use of two different types of even power roots. That is, it is possible to 

70 utilize the principle that if the user abuses electronic cash, his identity (ID), which is his secret information, 
is revealed through the factorization of the modulus into prime factors. In the execution of this principle the 
amount of data to be held by the user is small, because the calculation of the residue power root, which is 
provided to the store, does not call for such k/2 random numbers R, as are needed in the fore-mentioned 
Okamoto-Ohta system. 

15 In the second-mentioned aspect of the invention, a hierarchial structure table corresponding to the 
structure of electronic cash is constructed, and when the electronic cash is used, cash within a certain face 
value can be used in a manner corresponding to the structure of the table. 

BRIEF DESCRIPTION OF THE DRAWINGS 

20 

Fig. 1 is a block diagram Illustrating an example of the system to which the present invention is applied; 
Fig. 2 is a flowchart showing, by way of example, the procedure for issuing a license; 
Fig. 3 is a block diagram showing the constoiction for the license issuance proceeding on the part of the 
..^ user; 

25 Fig. 4 is a block diagram showing the construction for the license issuance processing on the part of the 
bank; 

Fig, 5 is a block diagram illustrating an example of communication for the electronic cash issuance 
procedure; 

Fig. 6A is a block diagram illustrating the construction for the electronic cash issuance procedure on the 
30 part of the user; 

Fig. 6B is a block diagram illustrating the construction for the electronic cash issuance procedure; 
Fig. 7A is a hierarchial structure table of electronic cash; 

Fig. 78 is a diagram showing the structure of a r table corresponding to the table depicted in Fig. 7; 
Fig. 7C is a diagram showing the general hierarchial structure of electronic cash; 
35 Fig. 8 is a diagram showing an example of communication in the procedure for using the electronic cash; 
Fig. 9 is a block diagram illustrating the construction for the electronic cash using procedure on the part 
of the user; 

Fig. 10 is a block diagram illustrating the construction for the electronic cash using procedure on the part 
of the store; 

40 Fig. 11 is a diagram showing an example of communication in the case of transferring the electronic 
cash; and 

Fig. 12 is a diagram showing an example of communication in the case of payment by transferred 
electronic cash. 

45 DESCRIPTION OF THE PREFERRED EMBODIMENTS 

Rg. 1 shows a system to which the present invention is applied and in which a bank 100, users 1 (200) 
and 2 (400) and a store 300 are interconnected via telecommunication networks, for example. The users 1 
and 2 may also pay the store directly with smart cards, not via the telecommunication networks. 

50 In the electronic cash system according to the present invention, the bank (i.e. an organization that 
issues electronic cash and settles accounts) 100 issues a license when the user opens an account with the 
bank 100. Then, the bank 100 issues electronic cash (referred to also as an electronic bill) of a certain face 
value to the user at his request. The user uses the electronic cash many times to pay at various stores until 
the face value of the electronic cash is reached. Finally, each store settles an account with the bank 100 for 

55 each payment of the electronic cash by the user. 

PRELIMINARY PROCEDURE 
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First of all, the bank 100 creates, as information corresponding to the license, a secret key dA and 
public keys eA and nA which are used for an RSA digital signature, and lays the keys eA and nA open to 
the public. Furthermore, the bank 100 creates, an information corresponding to the face value of the 
electronic cash, a secrete key dA* and public keys eA* and nA' which are used for the RSA digital signature, 
5 and lays the keys eA* and nA* open to the public, together with the face value. On the other hand, the user 
creates a secret key dP and publick keys eP and nP which are used for an RSA digital signature and lays 
the keys eP and nP open to the public, together with identification information IDp, of his own. The RSA 
digital signature scheme Is disclosed in, for example, U.S. Patent No.4,795,063 and Is well-known in the art. 

Incidentally, the RSA digital signature which the bank uses may be substituted with any other blind 
10 digital signatures (T. Okamoto and K. Ohta, **Divertible Zero-Knowledge Interactive Proofs and Commutative 
Random Self-Reducible,*' Proc. of Eurocrypt *89, 1989). The RSA digital signature for the user may also be 
replaced with any other digital signatures. 

The bank further defines and keeps there random functions fr, f^ and fn open to the public. These 
functions are used to determine the value of each node of hierarchial structure tables (a r table and a A 
75 table) described later on. These functions are, for example, universal hash functions or pseudo-random 
generating functions. In the following description, A = B mod C represents a calculation (called a residue 
calculation) for obtaining a residue A by dividing B by C and A s B (mod C) a residue calculation using C 
as the modulus with respect to both of A and B. 

20 (1) Procedure for Issuing License 

A description will be given first of the case where the user (hereinafter identified by 200), who has 
newly opened an account with the bank 100, has a license issued from the bank 100 by the cut-and-choose 
methodology. The user 200 creates K sets of randomized blind signature information from> secret 
25 information Sj containing the identification information IDp, of his own (such as his account number), or more 
specifically, user information h derived from the secret information S|). The bank 100 makes the user 200 
open L (which is smaller than K) sets of information in the K sets of blind information. If the opened 
information is correct, then the bank 100 produces a blind signature W with respect to the remaining 
unopened (K-L) sets of information and transmits it to the user 200. The user 200 calculates a signature B 
30 of the bank 100 for the user information Ij from the blind signature W received from the bank 100 and uses 
the thus calculated bank signature as a license B. 

The procedure for the user 200 to have the bank 100 issue the license is such as described below. Fig. 
2 shows an example of communication between the bank 100 and the user 200. Figs. 3 and 4 show 
arrangements for license issuance processing on the part of the user 200 and on the part of the bank 100, 
35 respectively. The following description is given on the assumption that i = 1, 2, K. 

Step SI : The user 200 generates random numbers aj and n by means of a random generator 201 . The 
random number af is input into a concatenator 204. together with the identification information IDp, and 
the concatenated output (IDp II an) is applied to a one-way hash function calculator 205. The output g(IDp II 
aj) of the hash function calculator 205 is provided to RSA signing equipment 206 together with the user's 
40 secret key dP and opened key nP for signature to obtain 

Di = (g(IDp 0 a,))^'' mod nP (i) 



45 Step S2: The output of the signing equipment 206 is provided to a concatenator 207 together with the 
information IDp and the random numt)er ai, wherein secret information S| = IDp II at II D| is obtained. 
Furthermore, the secret information S| thus obtained is input into a divider 208, wherein it is divided into 
Si. I and S2.1 such that S| =Si.i II S2.1. 

Step S3: A prime generator 202 Is used to generate two primes P| and Q| which satisfy P| = 3(mod 8) 
50 and Qi = 7(mod 8), and their product, N| = P,Q,, is obtained with a multiplier 203, where the composite 
number Nj is the Williams integer. 

Step S4: The divider outputs Stj and S2.1 and the composite number Nj are provided to modulo residue 
power calculators 209 and 211, from which the following outputs are obtained: 

65 I1.1 = (Si.i)2 mod N, 

I2.1 = {Sijf mod N, (2) 

These outputs are applied to a concatenator 210, wherein user information t| = lu D ti is calculated. 
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Step S5: The composite number Nj and the information Ij are provided to a concatenator 212 and its 
output, Ij II Nj.is applied to a one-way hash function calculator 213, from whicli g(li II Ni) is obtained. On 
the other hand, the random number n is input into an RSA encoder 215 together with the public key (eA, 
nA) of the bank 100 to obtain therefrom {r{f^ mod nA. Next, the outputs of the one-way hash function 
calculator 213 and the RSA encoder 215 are applied to a modulo power calculator 213 and the RSA 
encoder 215 are applied to a modulo power calculator 214 to obtain blind signature information W, 

Wi = (r,f ^g(l, II N,) mod nA (3) 

The blind signature information W, (where i = 1, 2, K) is transmitted to the bank 100. 
Step S6: Next, in order to make the user 200 open his identification information IDp and a desired one of 
the K sets of information ai, P|, Q|, D| and ri to make sure that the 200 has correctly executed steps SI 
through S5, The bank 100 randomly selects L (L < K) values of i, for example, K/2 values of i, from i = 
1, .... K and transmits then as a disclosure request, U = {ii , i^/z} , to the user 200. For the sake of 

brevity, let it be assumed that ii = K/2 + i, 12 = K/2 + 2 ik/2 = K are specified to be opened. It is 

not always necessary that L = K/2, but this value improves the efficiency of processing. 
Step S7: Upon receipt of the disclosure request U from the bank 100, the user 200 opens his 
identification information IDp and the pieces of information ai, Pi, Qi, D| and n of the bank's specified K/2 
sets. When the i is the object to be opened, the bank 100 performs the following procedures. 
Step S8: The bank 100 verifies the validity of the received signature Dj by use of the pieces of 
information ai and IDp received from the user 200 and his public keys eP and nP. That is, the pieces of 
information aj and D| are concatenated by a concatenator 104, the output of which is applied to a one- 
way hash function calculator 105 to obtain g(IDp II a,). On the other hand, the identification information IDp 
and the public keys nP and eP received from the user are encoded by an gSA encoder 107, and the 
encoded output and the output of the calculator 105 are compared by a comparator 106. If they do not 
match, no further processing will be done. 

Step S9: The pieces of information aj, P|, Qj and IDp received from the user 200 are provided to a 
multiplier 103 to obtain Nj = P| • Q|. Further, the pieces of information ai, IDp and Dj are concatenated 
by a concatenator 108 to obtain the secret information Si, which is divided by a divider 109. The divided 
outputs are provided to modulo power calculators 110 and 112, wherein it is subjected to a modulo 
power calculation using the composite number N|, and their outputs are concatenated by a concatenator 
1 1 1 to obtain the user information l|. 

Step SIO: The information l| and the composite number N| thus obtained are concatenated by a 
concatenator 113, the output of which is applied to a one-way hash function calculator 114. The received 
random number n and the public keys eA and nA are supplied to an RSA encoder 117 to the obtain (r{f^ 
mod nA. The outputs of the encoder 117 and the calculator 114 are provided to a modulo power 
calculator 1 15, wherein the following equation is calcuated: 

W'i = (r,)^g(li II N,) mod nA (3)' 



Step S11: The value of the previous information W| and the value of the current information Wi are 
compared by a comparator, 116. If they match, the information W| will be accepted, but if they do not 
match, then no further processing will be executed. In this way, the bank 100 checks all of the K/2 i's. 
and if any one of them is rejected, then the subsequent processing will not be performed. When all the 
i's are found good, then the bank performs the following procedure to attach its blind signature to the 
remaining sets of information corresponding to i = 1, K/2 which are not the objects to be opened. 
Step Si 2: Based on the public key nA and secret key dA of the bank 100 and the blind signature 
information W| from the user 200, the following blind signature is obtained by a modulo multiplier 118 
and an RSA signature generator 119: 



W= (n Wi ) mo d n A - ( 4 ) 



Then, the bank 100 sends the blind signature W to the user 200. 

Step S13: Upon receipt of the blind signature W from the bank 100, the user 200 calculates the license 
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B from the random number n and the public keys ea and nA by a modulo multiplier 216 and a modulo 
divider 217, using the intermediate term of the following equation: 

K/2 K/2 dA 

B=W/ (n r I ) mo d nA=(ng(Ii II N i ) ) mod nA 

- ( 5 ) 



10 The Intermediate term of Eq. (5) Is equivalent to the left-hand side, and accordingly, the license B Is 
equivalent to the user information I signed by the bank 100 using the secret key dA. 

(2) Procedure for Issuing Electronic Cash 

75 Next, a description will be given of the procedure for the user 200 to get an electronic bill issued from 
the bank 100. At first, the bank 100 generates, as Information corresponding to the face value of the 
electronic bill, pairs of the secret key dA' and the public keys eA' and nA' for RSA digital signature and 
opens the keys eA* and nA' together with the face value of the electronic bill. Fig. 5 shows an example of 
communication between the bank 100 and the user 200 in this Instance. Figs. 6A and 6B show 

20 arrangements for electronic bill issuance processing on the parts of the user 200 and the bank 100, 
respectively. 

Step SI : The user 200 generates random numbers b and r by means of a random generator 201 and 
derives g(B II b) from the random number b and the license B by use of a concatenator 204 and a one- 
way hash function calculator 206. pp the other hand, the random number r and the bank's public keys 
26 eA' and nA' corresponding to the face value of the electronic bill to be issued are supplied to an RSA 
encoder 215 to create authentication Information r^^\ and this information and the output, g(B II b), from 
the one-way hash function calculator 205 are provided to a modulo multiplier 214 to calculate 

Z = f^g (B II b) mod nA' (6) 

30 

thereby obtaining blind signature information Z corresponding to the face value of the electronic bill to be 
Issued. 

Step S2: The blind signature information Z is sent to the bank 100 together with Information about the 
face value of the electronic bill. 
35 Step S3: Having received the information Z, the bank 100 supplies an RSA signature generator 119 with 
the Information Z and the secret key dA' con'esponding to the face value of the electronic bill to obtain 

Z' = Z^^' mod nA'. 

40 That is, the bank 100 generates a blind signature Z' corresponding to the amount of money to be 
withdrawn from the user's account and then sends the blind signature Z' to the user 200. At the same 
time, the bank 100 withdraws the amount of money concerned from the user's account or receives the 
corresponding amount of money from the user 100. 

Step S4: Having received the blind signature Z' from the bank 100, the user 200 Inputs the random 
45 number r and the received information Z' and public key nA' into a modulo divider 217 to obtain the 
following bank's signature to the authentication Information and the license: 

C= ZVr mod nA' = (g(B I b))'*'^* mod nA' (7) 

60 where C corresponds to the electronic bill. 

The above-described electronic cash issuing procedure has Its feature in that the user 200 derives the 
blind signature information Z corresponding to a desired amount of money from the concatenation of the 
license B and the random number b Instead of using such K/2 pieces of random information Rj as are 
needed in the afore-mentioned Okamoto-Ohta system. Accordingly, the user 200 needs not to hold, as 

66 information on the electronic cash, such K/2 pieces of random information Rj and the storage capacity for 
storing pieces of information B, C and Nj on the electronic cash is small and hence Is practical. 

(3) Payment of Electronic Cash 
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A description will be given first of number-theoretic preparations necessary for explaining divide and 
use of electronic cash in the electronic cash system according to the present invention and then of a money 
hierarchial structure on which the divide and use of the electronic cash are based. 

6 Preparatory Number Theoretic Conventions 

Definition: N is called the Blum integer if N = PQ (P, Q are prime) and P = 3(mod 4), and Q = 3(mod 
4). N is called the Williams integer if N = PQ (P, Q are prime) and P = 3(mod 8), and Q = 7(mod 8). Note 
that the Williams integer is a specific type of the Blum integer and therefore has all properties of the Blum 
10 integer. 

Let (x/N) denote the Jacobi symbol, when N is a composite number, and denote the Legendre symbol, 
when N is a prime. When N = PQ (P, Q are prime), can be classified into four classes as follows: 



75 





I) ^ 


(xeZ^ 1 


1 (x/P) = I . 


(x/Q) = 1 1 




-I) ^ 


(xez* 1 


I ( x/P ) = I , 


( x/Q) = - I 1 


Zc-1. 


1) = 


(xez* 1 


( X / P ) = - 1 


, ( X / Q ) = I I and 


Z(-.. 


-1) 


(xezj 1 


( X / P ) = - [ 


. ( x/Q) = - 1 1 ••• ( 8 ) 
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Clearly, Z(i. ^ denotes the set of quadratic residue integers in Z,^ . Hereafter, QRn will often denote Z(i. 
25 1), and QNRn as the other classes. 

Proposition 1 : Let N be the Blum integer, and xeQRN-Then, for any integer (1 ^ t), there are four values 
y1.y2.y3. y+ such that 

(yi)^* =x (mod N) - (9) 



and that yieZ(i.i), y2eZ(i..i,, y3eZ(.i. i), y*GZ(.,.-i). 
In addition, 



35 



yi = - y*(mod N), (10) 

y2 s - y3(mod N), (11) 

40 (yi /N) = (y4 /N) = 1. and (12) 

(y2/N) = (ya/N) = -1 (13) 

The above proposition immediately implies that four values of 2'-th root y of x can be uniquely 
45 determined by two bit information; one is whether (y/N) = 1 or -1, and the other is whether y < N/2 or not. 
In other words, when y < N/2, there are two values of y, one of which is (y/N) = 1 and the other is (y/N) = 
-1. 



50 



mod N (Igt) 



can be computed efficiently (in expected polynomial time) from x, P. Q, and (y/N) can also be 
computed efficiently from y and N, while to compute 

55 



x«/2^ mod N 
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from X and N is as difficult as factoring N. 

Proposition 2: Let N = PQ be the WillianDS integer. Then, for any 

either one of x, -x, 2x and -2x Is in QRn. In addition, when axeQRw (a is either 1, -1, 2, or -2), bx Is not is 
QRn (b=^a, and b is either 1, -1, 2, or 2). 
10 The above proposition 2 is easily proven by the following result: 

(-1/P) = .1.(-1/Q) = .1,(2/P) = -1. 
(2/Q) = 1. 

75 Definition: Let N be the Williams integer, and xgQRn. 

[xi/2* mo d N]qr =y - (14) 

20 

such that 

y2*sx(inod N) and VGQR,,^. 

mo d N] I =y ' - (15) 

such that 

30 

(y ')2^sx (mod N). 

(yVN) = 1 and 0 < y' < N/2, and 

35 

[xi/2^mo d N]-i = y' (ig) 

Let N be the Williams integer, and zeZn. such that 

(y")2^=x (mod N). 

45 (y'7N)= - 1 and 0 < y" < N/2, v»rhere 1 < t, 
<Z>QR = d zmod N (17) 
such that de {±1, ±2} and (dz mod N) eQRN, 

60 

<Z>1 = d'z mod N (18) 

such that d*€ {1, 2} and (d'z/N) = 1, and 

55 <Z>-i = d"z mod N (19) 

such that d"e {1, 2} and (d"z/N) = - 1 

From the properties of the Williams number (and the Blum number), each value of y, y*, y". d. d', d" Is 

9 
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uniquely determined, respectively. 
Hierarchical Structure Table 

In the present invention, the hierarchical structure table plays an inaportant role because it allows the 
issued electronic bill C to be subdivided into many pieces such that each subdivided piece worth any 
desired value less than C and the total value of all pieces is equivalent to C. 

The hierarchical structure table is a tree of t levels, in which each node has two sons, the unique root 
node exists at the top of the tree. So. there are 2"™-^ nodes at the m-th level. Here, the significance of the 
tree in the cash system according to the present invention will be shown. For easy understanding, let it be 
assumed that the tree has three levels, and the value of the issued bill C is $100. The nodes of the m-th 
level correspond to SIOO^"" "^ So, the customer can use the bill in $25 increments, since the nodes of the 
bottom level (the third level) correspond to $25 as shown in Fig. 7A. 

Followings are restrictions to the usage of the bill with respect to the tree: 

(1) The value corresponding to any node is the total of the values corresponding to nodes that are the 
direct sons of this node. 

(2) When a node (the corresponding value) is used, all descendant nodes and all ancestor nodes of this 
node cannot be used. 

(3) No node can be used more than once. 

Here is shown the case where a customer uses $75 first and then uses $25. When the customer uses 
$75, he or she must use nodes 00 ($50) and 010 ($25). From the above restrictions, only a node 011 ($25) 
will be left which can be used after the use of the nodes 00 and 010 as can be seen from Fig. 7A. 

More generally, if the customer wants to use a bill worth $1000 by the cent, he or she would need a 
hierarchical structure table of 17 Ievel^(log2l00,000 = 16.5). The customer would then use about 8 nodes 
in average (minimum: one node; maximum: 16 nodes) in order to pay by the cent for each purchase (e.g., 
$334.36 payment). 

Moreover, in the embodiment of the cash scheme that will be shown hereinafter, two hierarchical 
structure tables (F table and A table) are used; r table is used to realize the first restriction (1), and A table 
to realize the second restriction (2). F table and A table have the same structure such that they are trees 
with the same topology (or the same number of layers) as shown in Fig. 7B, and that node values 



••• i, it 

both conrespond to the same node position ji ... ji in the money structure table. In the example of Fig. 7B, 
Too and Aoo correspond to the same position node 00, That is, the left node of $50, of the money structure 
table in Fig. 7A. 

First, for easy understanding, a simple example of procedure will be shown, where the user 200 pays 
$75 to the shop 300 based on the hierarchical structure table of three levels. Here, let it be assumed that 
the user 200 has received $100 bill C from the bank 100. 

Step 1: As the preliminary procedure, the user 200 computes the value of F i. o for each of i = 1, K/2 

as follows: 

ri.o= <fr(Cll on N,)>QR (20) 



Step 2: When the user 200 decides to pay $75, first the user computes Xt.oo corresponding to $50 and 
Xi.oio corresponding to $25 for each of i = 1, K/2 as follows: 

Xi.oo = [ (r,,o)'''mod N,]-i (21) 

Xt.oio = m,o r,.o)''®mod N,]-i (22) 

where Q,.o = <fO(C II 0 B N,)>, (23) 

The user send (l|. Nj. X,.oo. X,.oio) for all i = 1, .... a K/2 and (B, C) to the shop. 
Note: The above calculation of Xi.oo and Xj.oto is based on the following algorithm: 
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X|.oo = [(ri.oo)"'mod Ni]-i (24) 
Xi.oio= [(ri.oio/'^mocIN,]-, (25) 
where r,.oo = [(r|.o)"'mod NJqr (26) 
ri,oo = [(Q|,o(ri.o)"^mod N,]qr (27) 
r.,oio= ((r,,oi)"'modN,]QR (28) 

Here, summarizing the algorithm, first, the values Fioo and Tloio of Fi table corresponding to the nodes 
1,00 and i,OlO are calculated, then the square roots of these values in QNR (these Jacob! symbol values 
are -1) are defined as X|.oo and X|.oio- 

Step 3: The shop 300 verifies the validity of the signatures B for (l|, N|), and C for B. The shop computes 
llio and fr (C II 0 II N|), then verifies the validity of Xi oo and X|.oio for each of i = 1 K/2 such that 

W.00/N1) = (X,.oio/N,) = - 1 (29) 



where die {±1, ±2} for i = 1, .... K/2. If they are valid, the shop 300 selects random bits, E1.00. E|.oio e [0, 

1] for i = 1 K/2, and sends them to the user 200. Otherwise, the shop halts this procedure. 

Step 4: The user 200 computes 




i.OO 



d 1 fr(C II 0 II Nj )(mo d Nj ) 



- (30) 



f,oio=di^i.o fr^C II 0 II Ni )(mo d Nj ) 



- (31) 



i.OO 




mod 




Ei.OO 



- (32) 



i.OlO 



[ (Ai.oio)'^^nio d 



N i ](_j)Ei.oio 



- (33) 



and sends (Y1.00. Y|.oio)(i = 1 K/2) to the shop 300. Here. 



A1.00 = <fA(C II 00 II N|)>QR and (34) 



A1.010 = <fA(C II 010 0 N,)>QR (35) 



Step 5: The shop 300 verifies that 
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(Y. 00 /N, ) = (- i)Bi.00 ... (36) 

(Y. 'ojq/N. ) = l)Ei.oio ... (37) 

"Y^ oo-d'j fA^CII 0 0 II Ni )(mo d N i ) and - (38) 

Yfoio^d*. f^(C II 0 1 0 UN i )(mod ) , - (39) 



where d',, d"i e {±1, ±2} for i = 1, K/2. If verification succeeds, the shop accepts the user's 
messages as $75 from electronic bill C. 

Procedure for Payment of Electronic Cash 

Next, a concrete procedure between the user 200 and the shop 300 for the use of electronic cash, 
shown in Fig. 8, will be described with reference to Figs. 9 and 10 which respectively show arrangements of 
the shop 300 and the user 200 for the procedure of the use of electronic cash. A description will be given 
later on of the cases where the user 1 (200) transfers electronic cash to«the other user 2 (4fl0) and where 
the latter pays with the transferred electronic cash at the shop 300. The following description will be made 
of the payment with the electronic bill issued from the bank 100. 

The bank 100 established a money hierarchial structure (Fig. 7C), similar to that depicted in Fig. 7A, 
corresponding to the face value of the electronic cash C to t)e issued, defines the corresponding r table 
and A such as shown in Fig. 7B and further defines the random functions fr, fA and fo. These pieces of 
information are all opened to the public. In many cases, a plurality of nodes of the hierarchial structure 
tables correspond to the amount of money to be used, but since the processing corresponding to the 
respective nodes is basically executed by the same algorithm and can be performed in parallel, the 
following description will be given of the processing for only one node. The position of the node concerned 
is expressed by jij2. ji (ji e {0, 1}, Jt = 1, t), where t represents the level to which the node belongs 
(Fig. 7C). In the following, i = 1, 2, K/2, accordingly the numbers of r and A tables used are K/2, 
respectively. 

Step SI: at first, the user 200 obtains r,,o of the following equation from the pieces of information C and 
N| by use of a random function r calculator 220: 

Ti.o = <fr(C II 0 I N,)>QR (40) 

Next, the information C, the nodes ji ... j, corresponding to the amount of money to be used and the 
information Nj are provided to a random function 0 calculator 221, generating 



(where 1=1, t) expressed by the following equation: 



" i.h -H = < ffl^C II j , II - II j £ II N i ) > , ... (41) 



Moreover, amount of money infomnation 
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which is the residue power root of a value for the node corresponding to the amount of money to be 
used, is obtained, by the following equation (42), from Ft o, 

^ i. il ... i ^ 

(where i = 1, .... t) and N, through use of a residue power calculator 222, a modulo multiplier 223 and a 
modulo power calculator 224. Here, N| is the Williams integer, which has already generated by the 
multiplier 203 depicted in Fig. 3. 

Xi.j ..j=[(*n Fj ^ r,o)»/2%od Nj]. -(42) 

« =1 

Note: The above calculation 



of is based on the following algorthm: 



Xj.j,."j,= [rjjj...jj mod Ni]_j -(43) 



where 



^iJl-it" f^i!v"jt ^U| "ji "^od Ni ]gp - (44) 

Step S2: The user 200 sends 



(where i = 1 K/2), (jt . . .. jt) and (B, C) to the shop 300. 

Step S3: The shop 300 verifies the validity of the signature to (I, I N,) of the license B on the basis of the 
public key (eA, nA) by use of a concatenator 304, a one-way hash function calculator 306, a modulo 
multiplier 309, an RSA encoder 310 and a comparator 311. that is. a check is made to see if the 
following equation holds. 



B'^= (ng ( I i II Ni ) } (mod nA) -(45) 
i = l 

Moreover, the shop 300 verifies the validity of the signature to (B || b) of the electronic cash C on the 
basis of the public key (eA'. nA') by use of a concatenator 312, a one-way hash function calculator 313, a 
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modulo multiplier 303, an RSA encoder 314 and a comparator 315, that is, a check Is made to see if the 
following equation holds. 

g (Bll b) =C^^' mod nA' (46) 

If the validity of the signature is rejected, then the subsequent processing will not be performed. 
Step S4: The shop 300 makes a check to see if the amount of money information 

X, . . 
J'i 1- • Jt 

satisfies the following relationship, by use of a Jacobi symbol calculator 316 and a comparator 317. If 
not, then the subsequent processing will not be executed. 



(47) 



step S5: Next, the shop 300 derives fr(C II 0 II Nj) from C and N, by means of a random function r 
calculator 324. Besides, the shop 300 inputs C, ji... jt and Nj into a random function n calculator 321 to 
generate 

(where Jt = 1, t) by the following equation: 

^i.ir-ir < ffl^^ " J I II II i £ II Ni ) > , ... (48) 

Further, the shop 300 obtains the following equation by means of a modulo power calculator 322: 

.= «i^f'^V mod N. . £ = I . ... . t - 1 

Then the shop 300 calculates the following equation through utilization of the outputs of the modulo 
power calculator 322 and the random function r calculator 324. 

f r (C II 0 II Nj ) , fi (e= \, .... t) 

step S6: The shop 300 uses the outputs of a modulo power calculator 318 and a modulo multiplier 323 
to obtain, by means of a modulo divider 319, d, which satisfies the following equation: 



.2' 



Xij|...j sd i F,^f r(C I! 0 II N, )(mo d N,) 



(49) 



and verifies the validity of the amount of money information 

X i.j,... it 
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by checking whether the d; matches ± 1 and ±2 by means of a comparator 320, where i = 1, .... K/2. 
Step S7: The shop 300 sends random 

bits 

(0. 11 (1=1 K/2) 

derived from a random generator 301, as Inquiry information, to the user 200. 

Step 88: The user 200 calculates the following equation from C, ji ... jt and N| by means of a random 
function A calculator 225. 



Ai.j,...j = < f aCCII j J II - II j t II N i ) ... (50) 

20 Next, response information of the following equation is calculated from 

i i i - it 



25 by use of a modulo square root calculator 226. 

Y|.j,...i,= C (A )'/2niod Ni ](.,)Ej. ... (51) 

The user 200 sends the response information 

i. J I ... J t 

to the shop 300. 

Step S9: The shop 300 makes a check to see if the response information 

satisfies the relationship of the following equation, by use of a Jacobi symbol calculator 325 and a 
comparator 326. If not, the subsequent processing will not be executed. 

(Yu, -.j/Ni ) = (-1)^«- ... (52) 

Next, the shop 300 inputs C, ji ... j, and Ni into a random function A calculator 328 to obtain 
fA(C llii II'*' II jt II N|) 

and, at the same time, calculates the following equation 



Yjjj...jj mod Ni 
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by use of a modulo power calculator 327. The outputs are applie d to a modulo divider 329 to obtain d'l 
which satisfies the following equation: 



^i.J,-ir f^(C II j 1 ll-ll j t llNj )(mod N.) ...(53) 

Further, the shop 300 checks the d'l by a comparator 330 as to which of ±1 and ±2 it matches. If It 
10 matches either one of them, then the shop 300 will regard the payment of the amount of money 
corresponding to the node ji ... jt of the electronic bill as valid and receive it. 

In the above example the electronic cash is subdivided into a plurality of pieces each worth a desired 
value, but in the case of using the full face value of the electronic cash by one payment, the user 200 does 
not conduct step Si in Fig. 8 but instead he transmits the pieces of information l|. N|, B and C to the shop 

75 3 00 in step S2. The shop 300 makes the check in step S3 and if the license B and the electronic cash C 
are found valid, then the shop 300 receives them and does not perform the subsequent steps S4 through 
S6 immediately generates the inquiry information Ej in step S7 and sends it to the user 200. The user 200 
produces, In step S8, response information Yi by, for example, Eqs. (50) and (51) with ji ...jt remove 
therefrom and provides it to the shop 300. The shop 300 perform the verification in step S9 by use of Eqs. 

20 (52) and (53) with ji ... j, removed therefrom. In the case of using the electronic cash without subdividing it 
into pieces as mentioned above, the transmission of information in step S2 may be done at the same time 
as the response information Y| is transmitted in step S8. 

It must t>e noted here again that since the amount of money information X| is calculated through use of 
the random function fo and the F -table in step Si , it is onlyjhe license B, the electronic cash C, the random 

25 number b, the user information Ij and the composite number Nj that the user 200 has to hold for showing to 
the shop 300 in step S2. In contrast thereto, it is necessary in the afore-mentioned Okamoto-Ohta system 
that the user hold not only these pieces of information but also k/2 pieces of secret information X, generated 
from k/2 random numbers when the electronic cash was issued. Moreover, when calculating the response Y| 
of Eq. (51) in step S8, the user 200 obtains the modulus power root of the random function fx through 

30 calculation; namely, k/2 random numbers Rj used for the issuance of electronic cash in the Okamoto-Ohta 
system are not used for the generation of the response Y,, hence the amount of information which is held 
together with the electronic cash is extremely small. That is, the present invention permits the verification by 
calculating the modulo power roots of certain functions, such as expressed by Eqs. (43), (44) and (51) and 
providing them to the shop, whereas the Okamoto-Ohta system produces a verifiable response through use 

35 of the random numbers Rj used at the time of issuing the electronic cash. 

(4) Transfer of Electronic Cash 

At first, a hierarchial structure table is established corresponding to the face value of the electronic bill 
40 and its minimum unit of use and the positions of nodes in the table are determined corresponding to the 
amount of money to be transferred. 

Next, a description will be given of the case where the user 1 transfers the electronic cash to the user 2. 
Fig. 11 shows an example of communication between the users 1 and 2. In the following, variables with 
one prime are related to the users and variables with two primes are related to the user 2, The 
45 variables have the same meanings as defined previously, unless othenwise specified. 

Step Si: The nodes corresponding to the amount of money to be transferred are made nodes jij2 ... jt - 
(where ji e [0, 1}) (Fig. 7B). The user 1 (200) performs, as the user 1 in Fig. 8. a procedure similar to 
that for the payment of electronic cash to the shop 200 and the user 2 (400) executes, as the shop 300 
in Fig. 8, a procedure similar to that for receiving from the user 1 (200) electronic cash corresponding to 
60 the nodes jija ... jt- It many cases, a plurality of nodes of the hierarchial structure table correspond to the 
amount of money to be transferred, but as described previously with reference to Fig. 8, the processing 
corresponding to each node is executed by basically the same algorithm and the procedures of the 
respective nodes can be executed in parallel. 

Step S2: When the user 2 (400) has found, by the communication in step SI, that the license B, the 
66 electronic cash C, the amount of money information 

^i.il... it 



16 



EP 0 518 365 A2 



and the response information 

of the user 1 are valid, the user 2 (400) shows his license B" to the user 1 . 

Step S3: The user 1 (200) creates the following deed of transfer T through utilization of the license B" of 
the user 2 (400) and offers it to the user 2. 

T = {((<g(C II ji •••],#•••#]'!••• jV II B")>QR}'^naod m (54) 

where ji ... jt#...#j*i represents all the nodes corresponding to the amount of money to be transferred. 
Step S4: After verifying the validity of the deed of transfer T by making a check to see If the following 
equation (55) holds, the user 2 (400) holds the history of the above procedure (steps SI and S3) as 
transferred electronic cash. 

<g(C II ii • • • j, # • • • # j'l • • • jV II B")qr =T^mod (55) 

(5) Payment with Transferred Electronic Cash 

Next, a description will be given of the procedure by which the user 2 (400) pays with the transferred 
electronic cash at the shop (300). 

At first, a hierarchial structure table Is established corresponding to the face value of the electronic cash 
and its minlnpum unit of use as mentioned previously, and that one of the nodes corresponding to the 
transferred electronic cash which is used to payment is determined. 

Fig. 12 shows an example of communication between the user 2 (400) and the shop (300). 
Step SI : The user 2 (400) first the transferred electronic cash H' to the shop (300). Further, the user 2 
(400) informs the shop (300) of the amount paid and the corresponding node. 

Step S2: The shop (300) verifies the validity of the electronic cash H' and checks If the node 
corresponding to the payment Is Included in the nodes corresponding to the transferred electronic cash. 
If they are not found good, the processing Is stopped. 

Step S3: The user 2 (400) and the shop 300 follow the procedure of the user 1 In Fig. 8 and the 
procedure of the shop 300 In Fig. 8 to perform the procedure of payment of the node concerned. In the 
execution of the procedures depicted In Fig. 8, the transferred cash C Is used as the electronic cash C 
and the pieces of information N"t and B" of the user 200 (400) are used as Nj and B. 

(6) Settlement of Accounts 

Next, a description will be given of a method of settlement of accounts between the shop 300 and the 
bank 100. The shop 300 offers to the bank 100 a history H (or H') of the communication with the user (200) 
or (400) for the transaction therebetween and demands the bank 100 to pay the amount of money 
concerned. The bank 100 checks whether the same electronic cash C as that the Information H offered 
thereto has been already recorded on an information memory, and If not, the bank 100 verifies the validity 
of the Information H (or H'). If the information is found good, then the bank 100 will store it In the information 
memory and pay the charged amount of money into the shop's account. In the case where the same 
electronic cash Is found in the records stored in the information memory, the bank 100 uses the pieces of 
information offered thereto together with the electronic chases to check If the afore-mentioned two 
restrictions (a) and (b) concerning the use of the node are satisfied or not. and If satisfied, then the bank 
100 will pay the charged amount of money Into the shop's account and store the Information H In the 
information memory. When either one of the two restrictions are not satisfied, the composite number N| is 
factorlzed into prime numbers to obtain the secret information S) of the abuser and determines his 
identification information IDp. 

Security 

First, it will be shown that a third restriction of the hierarchial staicture table is securely realized. If user 
200 uses any part of electronic bill C (any node of the hierarchial staicture table of C) more than once, the 
bank 100 can obtain the Identity IDp of the user 200 with overwhelming probability, since the Williams 
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integer N can be factored in polynominal-tlme from [x^'^ mod N]i and [x^'^ mod N]-i , and since the shop 
300 challenges the user 200 randomly using the A table, along with the cut-and-choose methodology. That 
Is, in the case where the user 200 has used the same node at two shops in Fig. 8, the probability that 
inquiry random bits Ei produced by the two shops match in all i's is very low. For at least one i the one 

5 shop generates Ei = 1 and the other shop generates E| = 0. Then, the response Y| that the user 200 
produces for each shop in step SB contains, for the same i, the above-noted Y| = [x^'^ mod N]-i , and Y| = 
[x^'^ mod N]i. Thus, the bank 100 can ultimately obtain the pieces of information Pj and Q) by easy 
factorization of the composite number Nj into prime factors on the basis of these two different pieces of 
information Y| contained in the information related to the same electronic cash C collected from the two 

10 shops. As a result, the secret information S, can be obtained using the user information l|, hence the 
identification information IDp contained in the information Sj can be known. For the same reason, when the 
electronic cash is used twice in the embodiment wherein the electronic cash is not subdivided, the secret 
information Sj of the abuser is obtained and his identification information IDp is revealed. 

Next, it will be shown that the second restriction of the hierarchical structure table is securely realized. 

IS Here, for easily understanding, a simple example will be given, where the value of C is $100, and the user 
200 pays $75 to the shop 300 (see Fig. 7B). Note that the cut-and-choose methodology is also implicitly 
crucial in assuring correctness, although detailed explanation is omitted here (roughly, according to this 
methodology, it is possible to assume that l|, N| are correctly generated). 

The first restriction is satisfied as follows: When nodes 00 and 010 are used, then all descendant and 

20 ancestor nodes of these nodes, 0, 00, 001 and 01 cannot be used. When node 00 is used, the user 200 
sends the following value information 

Xi.oo = [(Floo)''' mod N,]-i (i = 1, K/2) 

26 to the shop 300 (and finally to the bank 100). Then, if the customer 200 uses node 000, the user 200 sends 
the following value information 

Xi.ooo = [(ri.ooo)'^ mod N,]-! (1 = 1, .... K/2). 

30 Since it holds that 

[(ri.oo)''^ mod Ni]i = (X i.ooo)^ mod N,, 

the bank 100 can factor N| from Xioo and (X,.aoo)^ mod N,, then the identity IDp of the user 200 Is revealed. 
35 Similarly, if node 0 or 001 is used with node 00, or if node 0 or 01 is used with node 010, then the identity 
IDp of the user is revealed. Therefore, when nodes 00 and 010 are used, then nodes 0, 000 and 01 cannot 
be used, with concealing the identity IDp of the user 200. 

Finally, the necessity of random variable 0 will be shown using a simple example as follows: Assume 

that 

40 

is a constant value, e.g., 3. Then, in Fig. 7B, Tot = 3(ro)"^, where the suffix of i and mod Ni are omitted for 
4s simplicity. So, when a customer uses the nodes of 00 and 01, he opens the following values 

Xoo = (Fo)''" and Xoi = mv^)'^} = 3^'^ (Fo )^'^ 

where the jacobi symbol values of Xoo and Xoi are -1. Then, the shop 300 can obtain 3^^^ by calculating 
60 X01/X00, where the jacobi symbol of this value is 1. The same situation occurs when the customer uses the 
nodes 000 and 001, and so on. Therefore, suppose that a customer uses nodes 000. 001 and 0110, whose 
usage Is valid, which means he opens Xooo. xooi, Xoio and Xoi 10. Then, the shop 300 can calculate V = 
3^^^ by Xoot/Xooo. and also calculate the value of Xot 1 by VX010. Therefore, the shop can factor N by using 
the values of Xoi 1 and (Xoiio)^ where the jacobi symbol of Xoi 1 is -1 and that of (Xouo)^ Is 1, Thus, the 
66 shop can know the customer's ID, although the customer uses the nodes validly. 

As described above, the present invention has its feature In that the amount of Information related to 
electronic cash, which the user has to hold, is smaller than in the aforementioned Okamoto-Ohta system. 
Moreover, according to the present Invention, electronic cash once Issued can be subdivided into many 
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pieces each worth a desired value until the total value of all the pieces become equal to the face value of 
the electronic cash determined when it was issued. 

Cialms 

1. An electronic cash systenn wherein a user who possesses electronic cash and a license issued fronn a 
bank uses said electronic cash, including: 

Step 1 wherein said user furnishes a shop with information containing a composite number, said 
electronic cash and said license, said composite number being the product of at least two prime 
numbers; 

Step 2 wherein said shop verifies the validity of said license and said electronic cash and, if they are 
valid, creates and offers inquiry information to said user; 

Step 3 wherein said user calculates, following said inquiry information, a residue power root of a 
function using said composite number as a modulo and provides it as response information to said 
shop; and 

Step 4 wherein said shop uses said composite number to verify the validity of said response 
information. 

2. An electronic cash system wherein a user uses a license and electronic cash issued from a bank, 
including: 

Step 1 wherein said bank establishes a hierarchial structure table which is a tree having a plurality of 
levels and in which one node corresponding to the face value of said electronic cash issued to said 
user is set to the highest level and nodes of lower levels are sequentially branched from said node 
of the highest level in a tree form, and a unit value i§ made to correspond to each node so that the 
unit value corresponding to a desired node is equal to the total sum of the unit values of 
immediately descendant nodes branched therefrom; 

Step 2 wherein said user selects a combination of nodes corresponding to the amount of money 
used from said hierarchial structure table in accordance with the following restrictions: 

(a) Once a node is used, all of its ancestor and descendant nodes should not be used thereafter; 
and 

(b) Each node should not be used more than onece; and 

Step 3 wherein said user creates amount of money information corresponding to each of said 
selected nodes and offers it to said shop together with said electronic cash and said license. 

3. The electronic cash system of claim 2 wherein: in the case of paying with said electronic cash at said 
shop, said user provides residue power roots corresponding to said selected nodes, as said amount of 
money information to said shop in said step 3; said shop verifies the validity of said license and said 
electronic cash and, if they are valid, provides inquiry information to said user; said user generates 
response information corresponding to said inquiry information from said shop by obtaining residue 
power roots of values corresponding to said nodes in said hierarchial structure table and then provides 
said response information to said shop; and said shop verifies the validity of said response information 
from said user and, if it is valid, allows the payment with said electronic cash of said amount of money 
used.. 

4. The electronic cash system of claim 1 wherein said composite number is the Williams integer. 

5. The electronic cash system of claim 1 or 2 wherein when said user opens an account with said bank, 
said user performs: 

step SI wherein said user produces K sets of first blind signature information by blind processing of 
secret information containing identification information of said user by a random number, K being an 
integer equal to or greater than 2; 

step S2 wherein said bank makes said user open L sets of said blind signature information and, if 
said opened pieces of information are correct, attaches a blind signature to the remaining unopened 
K - L sets of said first blind signature information and transmits them to said user, L being greater 
than 2 but smaller than K; 

step S3 wherein said user calculates the signature of said bank to said user information from said 
blind signature received from said bank, thereby obtaining said signed user information as said 
licence; 
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and 

wherein when said user withdraws electronic cash of a certain face value from said bank, said 
user performs: 

step S4 wherein said user produces authentication Information containing said license and generates 
second blind signature information by blind processing of said authentication information by a public 
key corresponding to the face value of said electronic cash to be withdrawn and transmits said 
second blind signature information to said bank; 

step S5 wherein said bank attaches a blind signature to said second blind signature information, 
using a secret key corresponding to the amount of money to be withdrawn and transmits said signed 
second blind signature information to said user; and 

step S6 wherein said user calculates the signature of said bank to said authentication information 
from said blind signature received from said bank and uses said signed authentication information as 
said electronic cash. 

6. The electronic cash system of claim 1 or 3 wherein said shop transmits all communications between 
said user and said shop to said bank to settle an account, said bank verifies the validity of said 
communications and, if they are valid, stores them in a memory and when the same electronic cash is 
used fraudulently, said bank calculates secret information of said user used for the generation of said 
license. 

7. The electronic cash system of claim 2 wherein when said user, who is a first user, transfers said 
electronic cash to a second user with a license in said step 3, said first user defines a node 
corresponding to the amount of money of said electronic cash to be transferred in said hierarchial 
structure iable and provides to said second user said electronic cash and a residue power root of the 
value corresponding to said node corresponding to said amount of money to be transferred; said 
second user verifies the validity of said electronic cash and provides inquiry information to said first 
user; said first user generates response information corresponding to said inquiry information from said 
second user by obtaining a residue power root of the valve corresponding to said node in said 
hierarchial structure table and offers said response information to said second user; said second user 
verifies the validity of said response information from said first user and, if it is valid, shows said license 
of his own to said first user; said first user generates, as a deed of transfer, a residue power root 
corresponding to information containing the node position representing said amount of money to be 
transferred, said electronic cash and said license of said second user and provides said deed of 
transfer to said second user; and said second user verifies the validity of said deed of transfer and 
acknowledge the transfer of said electronic cash of said amount of money. 

8. The electronic cash system of claim 7 wherein when said second user uses said transferred electronic 
cash at a shop, said second user determines the amount of money to be used, within said transferred 
amount of money, determines a node corresponding to said amount of money to be used in said 
hierarchial structure table corresponding to said transferred electronic cash, offers said electronic cash 
and said deed of transfer to said shop together with a residue power root of the value corresponding to 
said node; said shop verifies the validity of said electronic cash and said deed of transfer and provides 
inquiry information to said second user; said second user generates response information correspond- 
ing to said inquiry information from said shop by obtaining a residue power root of the value 
corresponding to said node in said hierarchial structure table and offers said response information to 
said shop; and said shop verifies the validity of said response information from said second user and, if 
it is valid, acknowledge the payment with said electronic cash of said amount of money to be used. 

9. The electronic cash system of claim 8 wherein when said shop provides all communications between 
said second user and said shop to said bank to settle an account; and said bank verifies the validity of 
said communications and, if they are valid, stores them in a memory and if said electronic cash is used 
fraudulently, said bank obtains the identification information of said user by calculating secret informa- 
tion of said user used for the generation of a license. 

10. The electronic cash system of claim 6 wherein said bank makes a check to see if the same electronic 
cash as that in information received from said shop has already been stored in said memory, and if so, 
checks whether said two pieces of response information attached to said two pieces of electronic cash 
have portions which do not match, and if so, said bank factorizes a number corresponding to said 
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portion to prime numbers to obtain the identification number of said user. 

11. The electronic cash system of claim 3 wherein said shop transmits all communications between said 
user and said shop to said bank to settle an account; said bank makes a check to see if the same 
electronic cash as in information received from said shop has already been stored in said memory, and 
if so, checks whether at least two nodes used for said two pieces of electronic cash satisfy said 
restrictions or not, and if not, said bank factorlzes numbers corresponding to said two nodes Into prime 
factors to obtain the Identification number of said user! 
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